The vanishing of the Nijenhuis tensor of the almost complex structure is known to give the integrability of the almost complex structure [3, 7] . In order to generalize this fact, we consider a vector 1-form λona manifold M [4] , whose Jordan canonical form at all points on M is equal to a fixed matrix μ. Following the idea of E. Cartan, we say that such a vector 1-form is O-deformable [2] . The frames z at x such that z~~xh x z = μ define a subbundle of the frame bundle over M, as x runs through M, and the subbundle is called a G-structure defined by h [1] . We find that for a certain type of O-deformable h, the vanishing of the Nijenhuis tensor of h is sufficient for the G-structure to be integrable (Theorem, §2) . In § 5 we give an example of a O-deformable derogatory nilpotent vector 1-form, whose Nijenhuis tensor vanishes, but whose G-structure is not integrable.
1. Vector forms and distributions As usual, we begin by stating, that all the objects we encounter in this paper are assumed to be C°°.
Let M be a manifold, T x the tangent space at point x of M, T the tangent bundle over M, T {p) the vector bundle of tangential covariant p-vectors of M. A vector p-form is a cross-section of T®T {V) .
The collection of all vector p-forms over M is denoted by Ψ p . We notice that a vector 1-form is nothing but a law that assigns a linear transformation to each tangent space T x at point x of M.
We list some definitions and lemmas of the theory of vector forms [4] , which we use in the sequel.
If PeΨ p ,Qe Ψ qy then P A Q e Ψ p+q^ is defined by where a runs through all the permutations of (1, 2, •••,# + (/ -1), and \a\ denotes the signature of the permutation a.
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Let ft and k be two vector 1-forms. The bracket [ft, k] of ft and k is a vector 2-form defined by (2) [ [u, v] where u and v are vector fields over M. If ft = k 9 we obtain the tensor [ft, ft], generally known as the Nijenhuis tensor:
If h, k and I are vector 1-forms, using (2), we can obtain
(cf. (6.7) [4] ). LEMMA 
Let h be a vector 1-form, then
Proof. By replacing ft, & and I by ft, ft and ft fc in (4), we obtain
which gives us
<=i
Again, replacing ft, k and £ in (4) by ft\ ft and ft
Using (7) and (8) yields
•=»!
and repeating the reduction we obtain (5 We recall that a necessary and sufficient condition for a distribution to be completely integrable can be given as follows: 2. The integrability of a O'deformable vector 1-foriru Let h be a vector 1-form, defined on M, whose characteristic polynomial has constant coefficients on M. Let the decomposition of the characteristic polynomial be where ^(λ), i = 1, , g are polynomials in λ, irreducible over the reals, and (Pi(X), P,(λ)) = 1, if i Φ j. It is easy to verify [5, pp 130-132] , that we can get polynomials β^λ), e 2 (λ), , e g (\) in λ, with constant coefficients, such that ΣiUMh) = /, {e^K)} 2 = e { (h), e^'e^k) = 0 f or i Φ j, and A vector 1-form h on M is said to be 0-deformable, if for all x e AT, the Jordan canonical form of Λ β is equal to a fixed matrix μ [2] .
Note that a 0-deformable vector 1-form has a characteristic polynomial with constant coefficients.
A frame at xeM is an isomorphism 2 from R m onto 7^, where m is the dimension of M. For a 0-deformable vector 1-form h, the frames z at x such that 2~3 /& x z = μ define a subbundle if of the frame bundle over M, as x runs through Λf. H is called the G-structure defined by Mi].
DEFINITION. A G-structure H defined by h is said to be integrable, if for each point x of M there exists a coordinate neighbourhood U of x with a coordinate system {x
,.,, , (0/0$"%,} belongs to the subbundle H for all x r e U. We shall say that these coordinate functions are associated with the integrable G-structure H.
Clearly, H is integrable if and only if, for each point x of M, we can find a local coordinate system around x, in which the coordinate expression of h is μ.
We are interested in finding a sufficient condition for a G-structure defined by a 0-deformable vector 1-form h to be integrable. We now assume [h, h] -0. By the argument above we know that the distributions θi associated to the irreducible factors ^(λ) are all completely integrable, so by Lemma 1.3, for each point x 0 of M there is a coordinate system {x 1 , , x m ) on a neighbourhood U of x 0 , and the integral manifolds of θ t contained in U are given by coordinate slices.
In U take a point given by coordinates (f , where j>(λ) is irreducible over the reals, and suppose that h jointly depends on the coordinates of M and some parameters in a C"-manner.
We have the following results:
, then h is a constant multiple of the identity vector 1-form / on M, hence the G-structure is integrable.
(ii) If v = d = m, consider the nilpotent part n of h. n is a polynomial in h with constant coefficients on M, so from [h, h] = 0, we get [n, n] = 0, by Lemma 1.1. Moreover n m -0 but n ι Φ 0 for I < m, for all points of M. In § 3 we prove a proposition which shows that the G-structure defined by n (which is the same as that defined by h) is integrable, and that the associated coordinate functions depend on the parameters of h and on the point in M jointly in a C°°-manner.
Case II. deg p(λ) = 2. In § 4 we shall show that the semi-simple part s of h gives rise to a complex manifold structure M in this case, and that for the G-structure given by h which is induced from h on M, (i) and (ii) of Case I has a straightforward parallel on M hence coming back to the real manifold, we have: if v = 1, or v = d = m/2, then the G-structure defined by h is integrable, and the associated coordinate functions are C°° with respect to the coordinates on M and the parameters jointly.
By the preceding arguments and the results in § 3 and 4, we can conclude the following: 
\0

0/
In fact, if H is not in the form (2) } as the local coordinate system on M, then (iii) will be satisfied.
So let us suppose that we are in a coordinate system where (i) (ii> and (iii) are satisfied. For simplicity we write A, A, , A*-i instead of Am, Am, , A»-im. Note that A»-i Φ 0. We want to prove that we can find a new coordinate system {y 1 , , y m } such that in this coordinate system h takes the matrix form (1), H being of the form (2) 
from which we obtain
To make this relation clear, we write this result in Table 1 . Now let us examine [ Y^, F, ] = 0 for i < j ^ m -1. We see that this is equivalent to the set of equations (6),
where i < i ^ m -1. Using Xi«: w -i = Xβ m -i = 0 from Table 1 , we see that (6) is equivalent to the following Table 2 . Table 1 , we see that (7a) is equivalent to part (a) of Table 2 . Using part (a) of Table 2 , we see that (7b) reduces to a simpler system (7b'),
Using Table 1 again, we can show that (7b') is equivalent to part (b) of Table 2 plus the following equations which are obtained from (7b'> by letting i = m -1:
Using Table 1 and part (b) of Table 2 , these equations can be written as (8),
1 For simplicity we write (a m -i-j) To show that the α's do satisfy Table 2 , it suffices to show (10^),
for fc, g = 2, , m -1. We shall prove (10 fc ) inductively. For k = 2 it is easy to check. Suppose (10 2 ), "^(lOfe-!) are true; using this assumption, we differentiate (9 fc ) and get (11), Finally to obtain α 0 , we examine (7c), and find that the same type of argument employed to obtain (8) enables us to show that (7c) is equivalent to
Using the first m -2 equations of (13) in the last one, gives us (8 k ) for k = m, where we agree that /3 0 -0. Hence we obtain a 0 from (9 m ). To check that the first m -2 equations in (13) [7] . Hence we can introduce a new real local coordinate system {x 1 (k -1, *',n) gives a local complex coordinate system, with which M becomes the underlying C°°-manifold of complex manifold M. As h is C°° with respect to the coordinates on M and the parameters jointly, so is the almost complex structure J s . Hence the new coordinate functions x 1 , « ,x m are also C°° with respect to the coordinates on M and the parameters jointly [7] . 2 h is now C°° with respect to x\ , x m and the parameters jointly. The vector 1-forms on M induce vector 1-forms on M in a natural way. The vector 1-form s on M induced by s is equal to pϊ, where p -σ + iτ and I is the identity vector 1-f rom on M. We shall show that polynomials in h with constant coefficients induce holomorphic vector 1-forms on M. In particular, the nilpotent part n of h induces the nilpotent holomorphic vector 1-form n on M.
